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Abstract

The interpretation of seismic data acquired in areas characterized by velocity anisotropy is of particu-
lar interest in reservoir geophysics. Foward modeling and adequate seismic migration algorithms can
enhance the dependability of interpretation. We attack this problem by exploiting the most fundamental
property of the anisotropic media which makes them different from the isotropic media, viz., the varia-
tion of velocity with direction. This is accomplished by splitting the wave equation and replacing it by
two or more simpler equations which involve only one spatial derivative but a different velocity in each
case. The evaluation of the wavefield is carried out by setting up a finite-difference model in which a set
of difference relations derived from the simpler equations is used in an alternate fashion. We present
two examples of application, one in 2D and another in 3D.

Introduction

The current methods of imaging in areas with anisotropy do not, in general, yield satisfactory results . Forward
modeling and a proper migration algorithm can be very helpful in enhancing the dependability of interpretation
(Igel et alli, 1995 and Dong and McMehan, 1991). We put forward a new method for evaluating the wavefield
in the presence of velocity anisotropy. It exploits the most fundamental property of the anisotropic media which
makes them different from the isotropic media, viz., the variation of velocity with direction. We accomplish our
objective by developing an accurate finite-difference computational scheme in which the wavefield is computed
separately for each direction by using a different velocity. This involves splitting the wave equation and replacing
it by two or more simpler equations which are mathematically equivalent to the original equation but include
only one spatial derivative. Since such an approach depends neither on the spatial dimensions of the problem
nor on a particular version of the wave equation, it offers a broad range of applications for solving a variety of
geophysical problems related to imaging. However we shall restrict our treatment to the acoustic wave equation.

The new algorithm

It would be convenient to start the following treatment with the acoustic wave equation in three dimensions; it
can be expressed as

uxx + uyy + uzz =
1

c2
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where u(x; y; z; t) is the wavefield, c(x; y; z) is the velocity of the medium, f(t) is a band-limited line source
located at (xs; ys; zs), x; y represents ground level and z is depth.
In finite-difference modeling, the propagation of the wavefield can be computed by replacing equation 1 by:
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Relation 2 is fourth-order accurate in space and second-order accurate in time. h indicates the grid spacing
assumed to be uniform both for the lateral and vertical directions and �t represents the time step for computing
the wavefield. The discrete indices i, j, k and n correspond to x, y, z and t respectively. In equation 2 the
source term is implied but is being omitted for notational simplicity.
Instead of basing our treatment on equation 1, we can obtain essentially the same results by splitting this
equation into two components and using them in an alternate fashion (Mufti, 1985). Thus we can use the
following equations:
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The alternate use of these equations accompanies evaluating the wavefield at one-third time steps (�t=3). One
could argue that no significant advantage is to be gained by splitting the wave equation. It is worth mentioning
here that equation 2 depends on three spatial variables, but equations 4, 5 and 6 involve only one spatial
variable. We can exploit this fact for computing the wavefield in the presence of velocity anisotropy by assigning
different velocities to these equations. Thus if the medium under consideration has any anisotropy such that:

cx 6= cy 6= cv

where cx and cy are the velocities in each of the horizontal directions and cv is the velocity in the vertical
direction, equations 4, 5 and 6 will take the form:
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The indices n, n+ 1

3
, n+ 2

3
, n+1, � � � imply the one-third time steps n�t, (n+ 1

3
)�t, (n+ 2

3
)�t, (n+1)�t, � � � .

Since we are considering a 3-D problem, the procedure described above will be suitable to media possessing
arbitrary anisotropy. Reduction of this algorithm to 2-D is straightforward but it will apply only to transversely
isotropic media.
We have developed a reverse-time migration algorithm based on the same splitting scheme for 2D and 3D
anisotropic media. For the reverse-time migration we must excite the model at its surface boundary by using
each trace of the unmigrated data as source function. All traces are fed into the model simultaneously in the
reverse order of time and the splitting algorithm performs the propagation until the trace length has been used
up. The final configuration of the wavefield is the depth-migrated image of the subsurface.

Applications

We shall consider two examples of application. The first one is based on Model 1 shown in Figure 1. All layers
in this model are isotropic except the first layer (vertical velocity of 2740 m/s and a horizontal velocity of 3290
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Figure 1: Geologic Model 1.
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Figure 2: Seismic section based on Model 1,
with anisotropy in the first layer.

m/s). We used the concept of the exploding reflector to compute a seismic section for this structure. The
results are shown in Figure 2. As expected, the influence of anisotropy is more pronounced on those events
which originate from steeply dipping reflectors. The depth-migrated section is shown in figure 3. The splitting
algorithm provides the proper tool for seismic imaging.
The second example is based on Model 2 (figure 4 ) which represents a vertical fault and a dipping layer in y

direction. Velocities are 1500 m/s in the upper layer, 2500 m/s in the intermediate layer and 4000 m/s in the
lower one. Figures 5 and 7 show the zero-offset sections obtained with the splitting algorithm, respectively,
at x = 150 meters and at y = 200 meters. Migrated sections through the data volume at the same x and y

coordinates of the zero-offset sections (figures 5 and 7), show that our algorithm can adequately handle any
geologic event actually present in the subsurface.

Conclusions

We have presented a new algorithm for wavefield evaluation which seems to be ideally suited for imaging in
areas with anisotropic subsurface structures. Its development was motivated by the idea that such problems
could be handled more conveniently and in a natural way if we try to do the same to the wave equation what
anisotropy does to the earth. We accomplished this objective by splitting the multi-dimensional equation into
two or more one-dimensional equations and assigning a different velocity to each of them as dictated by the
anisotropic characteristics of the earth.
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Figure 3: Migrated section for the anisotropic
case, using the splitting algorithm.
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Figure 4: Geologic Model 2.

0

0.2

0.4

0.6

T
em

po
 (

s)

0 200 400 600 800 1000
Distancia (m)

Figure 5: Seismic cross-section of Model 2,
at coordinate y = 200 meters, obtained with
a three step modeling algorithm in 3-D.
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Figure 6: 2D Migrated cross-section of Model
2, at coordinate y = 200 meters obtained with
the splitting reverse-time migration algorithm.
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Figure 7: Seismic cross-section of Model 2,
at coordinate x = 150 meters.
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Figure 8: 2D Migrated cross-section of Model
2, at coordinate x = 150 meters obtained with
the splitting reverse-time migration algorithm.
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